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Abstract: This paper describes an approach that allows to reduce error propagation when 
comparing historical topographic maps. By linking the fuzzy set theory with simple map alge-
bra and Kappa statistics, the uncertainty resulting from dissimilar quality of the maps can at 
least be partly eliminated and a distinction between ‘true’ and ‘false’ land cover changes can 
be made.
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1. INTRODUCTION 

The map comparison is a vital process in detecting spatial-temporal 
changes in landscape pattern. The visual comparison of maps representing 
different moments in time is to some extent subjective, but can lead to many 
interesting observations of a qualitative character. The quantitative land 
cover change investigations are more objective but usually time consuming, 
as the land cover data need to be scanned, georeferenced and vectorised at fi rst.

One of the most popular methods for quantitative pairwise comparison 
of raster maps with categorical legends is so called Cell-by-cell, which consid-
ers each pair of cells on two maps to be either equal or not equal. For 
quantifying an overall similarity of two maps Kappa statistics (Cohen, 1960) 
is often applied:
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P(E) – expected agreement based on random location subject to the observed 
distribution.

The standard Kappa can be split in two: Kappa Histo (similarity of quan-
tity, referring to the total number of cells taken by each category of the 
legend; Pontius, 2000) and Kappa Location (similarity of location, referring to 
the spatial distribution of the different categories over the map; Hagen, 2002):
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P(A) – fraction of agreement, 
P(E) – expected agreement based on random location subject to the observed 
distribution,
P(max) – maximal similarity that can be found based upon the total number 
of cells taken in by each category.

Kappa results can range between <-1, +1>. A value of (+1) means total 
agreement (two maps are identical), the value of (-1) indicates that two maps 
are completely distinct and a result of 0 is statistically expected when ran-
domly relocating all cells in the maps (Hagen, 2002).

It is worth to remember that the Cell – by – cell overlap and Kappa sta-
tistics should be restricted to cartometric source data (or to an assumption 
that historical maps truly project reality). Unfortunately, due to various 
geometric and cartometric distortions or inaccuracies (that can be only 
partly eliminated in rectifi cation phase, Angold, 1995, Dragecevic et al., 2001, 
Dunajski & Sieczka, 2008), as well as due to possible dislocations occurring 
during vectorisation process, the analysis of data obtained from archival maps 
face many limitations. The errors, mentioned above, propagate and cause an 
overestimation of changes in quantitative landscape pattern analysis, as well 
as have a signifi cant impact on the results of landscape modelling.

For the well recognized, small research areas such distortions can be 
visually corrected by so called ‘backward editing’ vectorisation (Privat, 1996, 
Bender et al., 2005, Kienast et al., 1991, Neubert & Walz, 2002, 2005). In 
this process, the fi rst vector layer is created for the latest (and assumingly 
most accurate) map and successive layers are produced working backwards 
in time to the earlier temporal layers by shifting the borders of only those 
polygons which changed in time. The approach is manual, quite laborious 
and to some extent subjective.
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In order to semi-automatically reduce the error propagation when compar-
ing archival topographic maps, the potential of fuzzy set theory (Zadeh, 1965) 
can be employed. According to the fuzzy set theory, a set can contain elements 
with only a partial degree  of membership, thus variables can be expressed 
in a degree between 0 (completely false) and 1 (completely true): 

A = {(x, μA (x)); x  X}, where: μA: X → [0,1],

where:
A – fuzzy set,
X – a space of objects
x – element belonging to the space X,
μA – membership function.

There are the following possibilities:
μA(x) = 1 (x  A),
μA(x) = 0 (x  A),
0 < μA(x) < 1.

This approach allows to describe uncertain or imprecisely defi ned objects 
and processes (Longley, 2006) and, as they are common in the natural en-
vironment (e.g. soil division borders, ecotones, etc.), the use of fuzzy logic is 
of a growing interest among geographers (Syrbe, 1996, Steinhardt, 1998, 
Ołdak, 2001). 

The use of fuzzy logic for map comparison is a relatively new approach 
(Metternicht, 1999; Winter, 2000; Pontius, 2000; Pontius and Schneider, 2001; 
Power et al., 2001; Hagen, 2003; Hagen-Zanker, 2006; Visser, 2004; Tang, 
2009). An interesting algorithm for the use of fuzzy logic for raster map 
comparisons was developed by Hagen (2003). The algorithm accounts not only 
for fuzziness of categories but also for fuzziness of location (which means that 
fuzzy representation of a cell can be partly defi ned by neighbouring cells). 
The fuzziness of location is described by a membership vector and depends 
on the following factors: the cell itself, cells in its neighbourhood and the 
parameters of the membership function (the default is a function with expo-
nential decay, halving distance of 2 and radius of neighbourhood of 4 cells). 
The similarity of two maps is assessed by pairwise comparison of the member-
ship vectors assigned to the cells. This results in a third map indicating for 
each cell the level of similarity between 0 (totally different) and 1 (identical). 

2. AIM OF THE STUDY

The presented study is aimed at verifi cation of the fuzzy logic potential 
for quantitative land cover change analysis basing on historical  topographic 
maps.
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3. RESEARCH AREA

The research area is a part of Ponidzie Pińczowskie and consists of 
400 km2 (N –300 000 m, S – 280 000 m, W – 598 000 m and E – 618 000 m, 
along the PUWG 1992 gridlines). Ponidzie Pińczowskie is situated at the 
meeting point of the following mesoregions: Jedrzejowski Plateau, 
Wodzisławski Hummock, Nida Valley, Solecka Basin, Pińczowski Hummock 
and Połaniecka Basin (Kondracki, 2001). According to the administrative 
division of Poland, the research area is a part of Świętokrzyskie Voivodeship 
and belongs mainly to the Pińczowski District. The area distinguishes itself 
with a mosaic land cover and traditional rural character.

4. METHODS

4.1. Source data

Archival and contemporary topographic maps served as a source of infor-
mation on land cover for particular moments in time. The interpretation of 
the land cover changes was based on the following maps: 1839 (TMKP – 
Topographic Map of the Kingdom of Poland, 1:126 000), 1915 (KWR – Karte 
des Westlichen Russlands, 1:100 000), 1938 (WIG – Tactical map of Poland, 
1:100 000), 1974 (MTM – Military topographic map, 1:50 000), 2000 (TM – 
Topographic map 1:50 000, Head Offi ce of Geodesy and Cartography). 

The cartographic materials underwent rectifi cation and registration in 
the 1992 Coordinate System. Contemporary topographic maps at a scale of 
1:50 000, published by the Head Offi ce of Geodesy and Cartography, were 
used as the reference layers. The polynomial transformation of the second- 
and third-order was applied. The process involved identifi cation of Ground 
Control Points (GCP) series: TMKP – 110 GCP, KWR – 50 GCP, WIG – 114 
GCP, MTM – 34 GCP. The accuracy of transformation was assessed by the 
value of the Root Mean Square Error (RMSTMKP =170 m, RMSKWR =15 m, 
RMSWIG = 12 m, RMSMTM < 5 m). The RMS obtained for the Topographic 
Map of the Kingom of Poland was high however, as European traditional 
landscapes developed a maximal diversity in the pre-industrial phase 
(Antrop, 1997), it was important not to reject this layer. For resampling the 
Nearest neighbour assignment was applied. The spatial distribution of re-
sidual error was illustrated using Inverse Distance Weighting interpolation 
(Fig. 1).

Thus prepared layers were manually vectorised and classifi ed into three 
main land cover types: “forests”, “grasslands”, “others”. The layers were 
then harmonised with respect to the minimum mapping unit (the smallest 
polygon vectorised from the oldest maps –TMKP and KWR – was 1ha). 
Finally, the data underwent conversion to raster format, with the resolution 
of 20 m. 
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4.3. A process of landscape pattern change detection

The Fuzzy set approach, as described by Hagen (2003), was applied. It 
was also referred to the results of pilot study (conducted for the fragments 
of Nidziańska Basin and South Pomeranian Lake District macroregions) 
related to the use of fuzzy logic elements when comparing maps representing 
two moments in time (Giętkowski & Zachwatowicz, 2010). The analysis was 
performed in Map Comparison Kit Software (Visser & Nijs, 2006) and ArcGIS 
9.1 with Spatial Analyst tool.

The maps were compared in pairs, chronologically (1839 with 1915, 1915 
with 1938, 1938 with 1974, 1974 with 2000) staring with the years 1974 and 
2000 (the layer from 2000 was treated as the reference). The resulting map 
indicated the level of probability (in a range from 0 to 1) to which the par-
ticular cells did not change the category of land cover. The cells representing 
a high value of probability were attributed with: „false change”, while the 
low values were considered to be „true changes”. In order to decide on an 
adequately high level of probability, the histogram of the resulting map 
values was employed. 

The next step was the reduction of the ‘false’ land cover changes. Using 
a simple map algebra in GIS ‘false changes’ were incorporated into adequate 
stable categories (forests, meadows or others) on the map of 1974 (a map 
from 2000 was used as a reference layer, thus could not be a subject of 
correction). Similarly, the layers of 1938 and 1974 were compared – in this 
case the layer from 1974, corrected in the previous step, was used as refer-
ence. According to the pair of 1915 and 1938, the 1938 layer corrected in the 
latest step acted as reference, while in the last phase the corrected layer of 
1915 was used as reference.

In order to validate the results, the pairs of maps before correction and 
after correction were compared with the Cell-by-cell overlap. Kappa statistics 
(Kappa, Kappa histo, Kappa location) were calculated for every pair of maps. 
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By the comparison of Kappa values before and after correction, the effective-
ness of the procedure was assessed. The increase of the Kappa values 
indicates that the similarity between maps has increased and thus the 
procedure has been successful. 

5. RESULTS 

By linking fuzzy logic, simple map algebra and Kappa statistics the 
uncertainty stemming from dissimilar quality of the archival maps was 
reduced, which made a distinction between ‘true’ and ‘false’ land cover 
changes possible (fi g. 2a i 2b, fi g. 3a i 3b, fi g. 4a i 4b, fi g. 5a i 5b). As 
a result, fi ve corrected layers (1839, 1915, 1938, 1974, 2000) and four 
transformation matrixes (1839-1915, 1915-1938, 1938-1974, 1974-2000) were 
extracted.

Table 1. Kappa values ‘before’ and ‘after’ the correction of input historical source layers, for 
subsequent periods of time

1839-1915 1915-1938 1938-1974 1974-2000

before after before after before after before after

Kappa 0.62 0.66 0.78 0.82 0.84 0.87 0.89 0.91

Kappa location 0.68 0.72 0.86 0.90 0.89 0.92 0.95 0.97

Kappa histo 0.92 0.92 0.91 0.91 0.94 0.95 0.94 0.94
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Fig. 2. Land cover changes between 1839 and 1915, a – before correction, b – after correction
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Fig. 3. Land cover changes between 1915 and 1938, a – before correction, b – after correction

Fig 4. Land cover changes between 1938 and 1974, a – before correction, b – after correction
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The highest amount of ‘false’ land cover changes appeared in the periods 
of 1839-1915 and 1915-1938. They were detected at the edges of forest 
patches, as well as in the areas where arable fi elds neighbour the river 
valley and formed long and narrow pixel groups.

The overall similarity of maps increased (Table 1). The signifi cant increase 
in the values of Kappa location indicates, that particularly spatial distribu-
tion of the different categories over the maps became more similar (spatial 
dislocations were reduced). 
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6. CONCLUSIONS

Old topographic maps serve as an invaluable source of information on 
historical landscape pattern dynamics. Nevertheless, archival data need 
some transformation before they are ready to use in quantitative analysis. 

The method presented in this paper allows to reduce the uncertainty 
stemming from dissimilar quality of the archival maps and to mitigate error 
propagation when comparing topographic maps. The corrected maps of land 
cover changes can be used for subsequent transformation matrix analysis in 
order to investigate the quantitative land use transformations in different 
periods of time or in predictive landscape pattern modelling. The procedure 
is automated, repeatable and predictable for a given input.

Still, there are issues that need clarifi cation and further research. First 
of all, the relations in between the raster resolution, rectifi cation error and 
parameters of the membership function should be defi ned. In the current 
study, the default parameters of the membership function were used, how-
ever it is probable that they could be better adjusted and optimised.

Secondly, the question has arisen: how to actualise the transformation 
matrix after the detection of ‘false’ changes in land cover? Here, an approach 
which can be called ‘retrospective-cascade actualisation’ was proposed. It 
refers to the ‘backward editing’ method. The process begins with the most 
recent map, treated as a reference, and proceeds backwards to the earlier 
temporal layers (always using the layer corrected in a previous step as 
a reference) The approach should be tested for different areas and map 
series.
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Fig. 5. Land cover changes between 1974 and 2000, a – before correction, b – after correction

 
 

    
 

1974-2000 

a b 



239

This work was supported by the Ministry of Science and Higher Education in Poland 
in 2009-2011 (grant NN306 217537) and by the Board of the Mazovian Voivodeship 
in 2009 (‘Mazovian doctoral grant’, being a part of the ‘UE Integrated Regional 
Operational Programme, Priority II: Strengthening the human resources develop-
ment in regions’). I am very grateful to Marta Długokęcka-Morris for the English 
correction of this paper.

REFERENCES

Adamczyk J., Będkowski K., 2007. Metody cyfrowe w teledetekcji [Numerical methods in remote 
sensing], Wydawnictwo SGGW, Warszawa

Angold P.G., Gurell A.M.., Edwards P.J., 1995. Location errors in maps from environmental 
surveys and their implications for information extraction. Journal of Environmental 
Management 47, 341-345

Antrop M., 1997. A concept of traditional landscapes as a base for landscape evaluation and 
planning. The example of Flanders Region. Landscape and Urban Planning 38, 105-107

Bender O., Boehmer H.J., Jens D., Schumacher K.P., 2005. Using GIS to analyse long-term cultural 
landscape change in Southern Germany. Landscape and Urban Planning 70, 111-125

Cohen J., 1960, A coeffi cient of agreement for nominal scales, Educational and Psychological 
Measurement 20, 1, 37–46. 

Dragicević S., Marceau D.J., Marois C., 2001. Space, time and dynamics modelling in historical 
GIS data bases: a fuzzy logic approach. Environment and Planning B: Planning and 
Design 28, 545-562

Dunajski A., Sieczka M., 2008. The Impact of Rectifi cation Error on the Analysis of Landscape 
Transformation Based on Archival Maps, Dissertations Commission of Cultural Landscape 
No. 8, Commission of Cultural Landscape of Polish Geographical Society, Sosnowiec

Giętkowski T., Zachwatowicz M., 2010, Przemiany krajobrazu – czy można uniknąć złudzeń? 
[Landscape changes – can we avoid illusions?], in: Geografi czne spotkania w drodze. Krok 
trzeci – Warszawa. Materiały III Ogólnopolskiej Konferencji Geografów – Doktorantów, 
Uniwersytet Warszawski 10-11 października 2008 r.

Hagen A., 2002, Multi-method assessment of map similarity, Proceedings of the 5th AGILE 
Conference on Geographic Information Science, 171-182

Hagen A., 2003. Fuzzy set approach to assessing similarity of categorical maps. International 
Journal of Geographical Information Science 17(3), 235-249

Hagen-Zanker A., 2006. Map comparison methods that simultaneously address overlap and 
structure. Journal of Geographical Systems 8(2), 165-185

Kienast F., Frank C., Leu R., 1991. Analyse raum-zeitlicher Daten mit einem Geographischen 
Informationssystem. Berichte der Eidgenoessischen Forschungsanhalt fuer Wald, Schnee 
und Landschaft 328.

Kondracki J., 2001, Geografi a regionalna Polski [Regional geography of Poland], PWN, War szawa.
Longley P.A., Goodchild M.F., Maguire D.J., Hind. D.W., 2006. GIS Teoria i praktyka [GIS 

Theory and practice], Wydawnictwo Naukowe PWN, Warszawa
Metternicht G., 1999, Change detection assessment using fuzzy sets and remotely sensed data: 

an application of topographic map revision, ISPRS Journal of Photogrammetry and 
Remote Sensing 54(4), 221-233

Neubert M., Walz U., 2002. Auswertung historischer Kartenwerke fuer ein Landschafts-
monitoring. in: Strobl J., Blaschke T., Griesebner G. (ed.), Angewandte Geogra phische 
Informationsverarbeitung 14, Wichmann, Heidelberg, 396-402

Neubert M., Walz U., 2005. Historische Landschaftsanalyse fuer grenzueberschreitende 
Nationalparkregionen. in: Strobl J., Blaschke T., Griesebner G. (ed.), Angewandte Geo-
informatik 2005. Wichmann, Heidelberg, 513-519 

THE POTENTIAL OF FUZZY LOGIC FOR QUANTITATIVE LAND COVER...



240

Ołdak A., 2001. Biotic potential determination using geographical information systems, fuzzy 
logic and classical approaches. Die Erde 132(4), 421–436

Pontius Jr. R.G., 2000, Quantifi cation error versus location error in comparison of categorical 
maps, Photogrammetric Engineering & Remote Sensing 66, 1011-1016

Pontius Jr. R.G., Schneider, L.C., 2001, Land-cover change model validation by an ROC method 
for the Ipswich watershed, Massachusetts, USA. Agriculture, Ecosystems & Environment, 
85(1-3), 239-248

Power C., Simms,A., White R., 2001. Hierarchical fuzzy pattern matching for the regional 
comparison of land use maps. International Journal of Geographical Information Science 
15(1), 77-100.

Privat C., 1996. Einsatz von Geo-Informationsyssystemen bei kulturlandschaftlichen Frage-
stellungen. Beitraege zur Landesentwlicklung 51, 54-60

Steinhardt U., 1998. Applying the fuzzy set theory for medium and small scale landscape 
assessment, Landscape and Urban Planning 41, 203–208 

Syrbe R.U., 1996, Fuzzy-Bewertungsmethoden für Landschaftsökologie und Landschafts-
planung, Archiv für Naturschutz und Landschaftsforschung 34, 181–206

Tang G., Shafer S.L., Bartlein P.J., Holman J.O., 2009. Effects of experimental protocol on 
global vegetation model accuracy: A comparison of simulated and observed vegetation 
patterns for Asia. Ecological modelling 220 (12), 1481-1491

Visser H. (ed.), 2004. The Map Comparison Kit. Software, methods and applications. RIVM 
project S/550002/01/TO, Tools for Uncertainty Analysis

Visser H., Nijs T. de, 2006. The Map Comparison Kit. Environmental Modelling Software 21(3), 
346-358

Winter S., 2000, Location similarity of regions. ISPRS Journal of Photogrammetry & Remote 
Sensing 55(3), 189-200

Zadeh L.A., 1965. Fuzzy sets. Information and Control 8, 338-353

Cartographic materials

Karte des Westlichen Russlands 1:100 000, 1915, Königlich Preußischen Landesaufnahme, map 
sheets: G39, G40.

Mapa taktyczna Polski 1:100 000 [Tactical map of Poland 1:100 000], 1937-38, Wojskowy 
Instytut Geografi czny, map sheets: P46 S31, P47 S31

Mapa topografi czna 1:50 000 [Topographic map 1:50 000], 2000, Główny Urząd Geodezji 
i Kartografi i, map sheets: M-34-53-B, M-34-53-D, M-34-54-A, M-34-54-C.

Topografi czna Karta Królestwa Polskiego 1: 126 000 [Topographic map of the Kingdom of Poland 
1: 126 000], 1839, Kwatermistrzostwo Sztabu Generalnego Wojska Polskiego, map sheets: 
K3S7, K3S8, K4S7, K4S8.

Wojskowa mapa topografi czna 1: 50 000 [Military topographic map 1:50 000], 1974, fi rst edition, 
Służba Topografi czna Wojska Polskiego, map sheets: M-34-53-D, M-34-53-B, M-34-54-A, 
M-34-54-C.

MARIA ZACHWATOWICZ




